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BO PE KIEM TRA HOC KI 2 TOAN 11

PESO 1
I. Phan chung cho c4a hai ban
Bai 1. Tim céc gidi han sau:

J— f— 2 — J—
1) |im2x—lx 2) lim V2x*—3x+12  3) lim X 31 4y lim¥X+1-2

x—1 X-— X—>—00 x—3" X— X—3 9—X2
Bai 2.
1) Xét tinh lién tuc cia ham so sau trén tap xac dinh cta no:
2

X°—-5x+6 .

f (X) _ ) khi x> 3

- X—3

2X+1 khi x<3

2) Ching minh rang phuong trinh sau c6 it nhat hai nghiém : 2x3 —5x% + x+1=0.
Bai 3. ’
1) Tim dao ham cta cac ham s0 sau:

a) y=xVx%+1 b)yzL2
(2x+5)
: x-1
2) Chohamso y=—— .
r X + 1 r r 1 r 2
a) Viét phuong trinh tiép tuyén ctia do thi ham so tai diém c6 hoanh do x = — 2.
X .z ; X g Lk A ; . X—2
b) Viét phuong trinh ti€p tuyén cta do thi ham so biét ti€p tuyén song song vdi d: y = —

Bai 4. Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh a, SA vudng goc vadi day, SA = a«/i.
1) Chirng minh rang cac mat bén hinh chép 13 nhitng tam giéc vudng.
2) Chung minh rang: (SAC) L (SBD).
3) Tinh goc gitra SC va mp (SAB) .
4) Tinh goc giita hai mit phang (SBD) va (ABCD) .

II. Phin tu chon.
1. Theo chwong trinh chuan.

3
Bai5a Tinh  lim — X8
x>-2 %2 +11x +18
Bai 6a. Cho y = % x2 —2x% —6x—8 . Giai bat phuong trinh y’ <0.
2. Theo chwong trinh ndng cao.
Bai5b. Tinh lim2X=Y2X=1
x-1x2 —12x+11

2 - r
Bai 6b. Cho y= LX;?’ . Giai bét phuong trinh y/ >0 |
-------------------- 5 [ ——
Hovaténthisinh. ........ .0 .. i, SBD:..........
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DAP AN
Bai 1.
p— p— 2 — — —

1) ”mu: |imwz|im(_x_2):_3

x>l X-1 x->1  (x=1) x—1
2) lim V2x*-3x+12 = lim x2 ’2+3+E=+oo

X—>—00 X—>—00 X X4
3) lim x-1

x—>3* X—3
Tacd: lim (x-3)=0, I|m(7x 1)=20>0; x—3>0 khi x—3" nén | =+w

x—3"

4) “m—,x+12 = lim x=3 =lim 1 1

o3 9ox?  x3@r)B-X)Wxr112) 3 (x+3)(xrlr2) 24

Bai 2.
. x? —B5X+6 Khi
1) Xét tinh lién tuc ctiia ham so sau trén tap xac dinh cua n6: f(x) = X—3 I x>3
2x+1 khi x <3

e Ham s lién tuc v&i moi X # 3.
e Tai x = 3, ta co:

+ f(3)=7

+ lim f(x) = lim (2x+1) =7 Flim £(0 = lim $Z2X=3 i x-2)21

x—3 x—3 x—3" x—3" (x-=3) x—3"

= Ham s khong lién tuc tai x = 3.
Vay ham s0 lién tuc trén cac khoang (—o0;3), (3;+x).

2) Chung minh rang phuong trinh sau c6 it nhat hai nghiém : 2x3 —5x% + x+1=0.
Xét ham s6:  f(x) =2x3—5x% + x+1 = Ham s6 f lién tuc trén R.

Ta co:
+ ;8)_: 1; O} = PT f(x) = 0 c6 it nhat mot nghiém ¢, € (0;1).
;g; :I;:g} = PT f(x) = 0 ¢6 it nhat mdt nghiém c, €(23).
Ma ¢, #c, nén PT f(x) = 0 c6 it nht 2 nghiém.
Bai 3.
Co2x%+1 3 , 12
Na) y=xyx*+1=y'= b) y=—"— =y'=-—
x2 +1 (2x+5) (2x+5)
x-1
2)y=——"=Yy = > (x=-1)
x+1 (x+1)

a) Voix=-2taco:y=-3va y(-2)=2 = PTTT: y+3=2(x+2) < y=2x+1.
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b)d:yzx_ céhéségéckzézTTcéhéségéckzé.
e , 1 2 1 Xqa=1
Goi (Xn;Y,) latoa do cua tiép dieém. Tacod y (X,) == < :—<:>[ 0
XO 0 0 2 (X0+1)2 2 X0:—3

+V6i Xy =1=Yy,=0 = PTTT: y:%x—%.

+Véi Xy =-3=Y,=2 =PTTT. y:%x+£.
Bai 4.
1) e SA | (ABCD) = SA 1L AB,SA 1L AD
= Cac tam giac SAB, SAD vudng tai A.
e BC L SA,BC 1L AB = BC L SB = ASBC vuong tai B.

eCD 1 SA,CD L AD = CD 1L SD = ASCD vuodng tai D.
2) BD L AC,BD 1L SA = BD 1L (SAC) = (SBD) L (SAC).

3)  «BC L (SAB)= (SC,(3AB))=BC
e ASAB vudng tai A = B>=SA’+AB?=3a°> = SB =

e ASBC vuodng tai B = tanBSC = = BSC =60°

8|8
o.)|"‘

4) Goi O la tam cua hinh vuong ABCD.
« Ta cé: (SBD) (ABCD)=BD, SO L BD, AO L BD = ((SBD),(ABCD)) = SOA

e ASAO vuodng tai A = tanSOA = A—Sg =2

2
Baisa. | = lim — X *8
x>-2x2 111x+18
X% +11x+18=(x+2)(x+9) <0,  khix<-2 (1)
Tacod: lim (x> +11x+18)=0, {x%+11x+18=(x+2)(x+9)>0, khix>-2 (2

X—>—2

lim (x> +8)=12>0 *)
X—>—2
. X% +8
Tr()va(*)= Iy = lim ————=—.
Xx—>-2" X +11x+18
. X% +8
TrQ)va(*)= l,= lim -2 =4

x>-2" X2 +11x+18

Bai 6a. y::—13x3—2x2—6x—18:> y'=x%—4x—6

BPT y'<0e X2 —4x—6<0c 2-v10 <x<2++/10
Bai 5b. lim X V2&X-1 _ iy (X= (2x-1)(x+2x+11) _ lim (x-1)

0
x->1x2 —12x+11 L (x2 —12x+10) (x+/2x-1) L (x—11)(x++/2x-1)
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X% —3x+3 , X% —2x
—:>y = >
x-1 (x=-2

2_ 2
BPT y'>0c:>X 2X>O<:> X _2X>O<:>[X<O.
(x—1)2 x#1

Bai 6b. y=

Dé 56 2
Bai 1. Tinh cac gidi han sau:
1) lim (5x3+2x2-3)  2) lim 2X*2 3) lim—2—X__
X—>—00 x—>-1" X+1 x—>2 X +7 -3
3 _ n_4n
4y lim X7 =27 5) ”m[uJ
x>0 X 24" 42"
. _*/;_1 khi 1 . . .
Bai 2. Cho hamsé: f(X)={ x_1 ~"*>* Xac dinh a dé ham sé lién tuc tai diém x = 1.

3ax khi x<1

Bai 3. Chirng minh rang phuong trinh sau c6 it nhat mot nghiém am: x> +1000x +0,1=0

Bai 4. Tim dao ham cac ham so sau:

2x% —6x+5 VX2 —2x+3 SN X+ COSX
y=—F7r—— ) y=—-r—"7-—-— ) y="—"—

= 4 =39 n(cosx
2x+4 2x+1 Sin X — COSX )y ( )

Bai 5. Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng canh a, SA L (ABCD) va SA = 2a.
1) Chung minh (SAC) L (SBD); (SCD) L (SAD)
2) Tinh goc gitta SD va (ABCD); SB va (SAD) ; SB va (SAC).
3) Tinh d(A, (SCD)); d(B,(SAC))

Bai 6. Viét phuong trinh tiép tuyén ctia d6 thi ham sé y = X3 —3x%+2:
1) Tai diém M (-1; -2)

. . 1
2) Vudng goc voi duong thang d: y = 35 X+2.

2
Bai 7. Cho ham sb: y = # Chtmg minh ring: 2y.y" —1=y2.
Hét
Hovaténthisinh. ............. ... iiiiiio... SBD:..........


https://giasudaykem.com.vn/

Gia sw Tai Nang Viét https://giasudaykem.com.vn

DAP AN
Bai 1:

1) lim (=53 +2x-3)= lim X3[—1+£—3J=+oo
X—>—00 X—>—00 X2 X3

lim (x+1)=0
x—>—1"
2) 1lim 2X*2 Tace: L lim @x+1)=—2<0 = lim >X*2_
x—>-1" X+1 Xx——1" x—>-1" X+1
X>-1=x+1>0

3) lim—— —X (2 X)(‘X+7+3) I|m (\/x+ +3)
X—>2,/X+ -3 X—>2 X—2

3 3 2
4) 4)|im(x+3)—27=limX +9x +27X:Iim(x2+9x+27)=27

x—0 X x—0 X x—0

3) 1)
R LI L I [4) _1{4} 1
5) lim———=1im =_=

24"+ 2" , ( 1}“ 2
+ —

JYx-1

Bai2: f(X)=9 x-1
3ax khi x<1
Taco: e f()=3a e lim f(x)= lim 3ax=3a

X—>1 Xx—1
o lim f(x)= lim Wx-1_oo1 1
x—1" x->1" X—=1  x51° \/;4.1 2

khi x>1

Hamsé liéntuc taix=1 < f(1) = lim f(x) = IIm f(x) < 3a—i<:>a— 1
X—1 x—1" 2

Bai 3: Xét ham s6 f(X) = x>+1000x+0,1 = f lién tuc trén R.
f(0)=0,1>0

£(-1) :_1001+0,1<0}:> f(-1).f(0)<0 = PT f(x)=0 co it nhat mot nghiém c e (-1;0)

Bai 4:
2x% —6X+5 , Ax% +16X—34 2x°+8x-17
H)y=———=y'= = 5
2x+4 (2x+4) 2(x+72)
[.2
X°—2x+3 ,
2) y=——-—

3x-7
>y'=
2x+1 (2x+1)2Vx? - 2x+3

Sin X + COSX

3) Y=_—:>y=—tan£x+£j:>y'=—;=—[1+tan2[x+zj]
SN X —COSX 4 T 4
cosz(x+4]

5
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4) y=sn(cosx) = y'=—sNX.cos(CoSX)

Bai 5:
1)  «BD LAC,BD_LSA= BD L (SAC) = (SBD) L (SAC)
e CD L AD, CD L SA = CD L (SAD) = (DCS) L (SAD)
2) e Tim goc gitra SD va mit phang (ABCD)
SA L (ABCD) = (SD,(ABCD)) = DA
SA_ 2a_

tanSDA=—=
AD a

e Tim goc giita SB va mit phang (SAD)
AB L (ABCD) = (SB,(sAD)) =
AB

tanpsa=B_2a _1
SA 2a 2

e Tim goc giita SB va mit phing (SAC).
BO L(SAC) = (B,(SAC)) =

OB=i 3a«/_ tanBSO:%:}
2 OSs 3

3) e Tinh khoang cach tir A dén (SCD)
Trong ASAD, vé duong cao AH. Ta c6: AH L SD, AH 1L CD = AH L (SCD) = d(A,(SCD)) = AH.
11,111y 2805 g opy o 2805
AH? SA? AD? 4a® a? 5 5
e Tinh khoang cach tir B dén (SAC)

D=

a2

BO L (SAC) = d(B,(SAC)) =BO = ==

Bai6: (C):y=x>-3x*+2 = y =3x®—6x
1) Tai diém M(-1; —2) taco: y (-1) =9 = PTTT: y=9x+7

2) Tiép tuyén vuong goc void: y= 9 X+2 = Tiép tuyen co hé¢ so goc k=9.

Goi (X Yp) 1atoa dd cua tiép diém.

Taco: Y (x,)=9 < 3x5 —6%, =9 X5 — 2%, —3= 0<:>|:X :31
e Vbi Xy =-1=Yy,=-2 =>PTTT: y=9x+7
* Véi Xg=3=Y,=2 =>PTTT. y=9x-25

2
Ba|7 y:#:y’zx_‘_l:yuzl

7 XZ 2 2 ! 2
= 2yy -1=2 ?+x+1 A-1=x"+2x+1=(x+1) :(y)

I. Phin chung cho ci hai ban.
Bai 1. Tim cac gidi han sau:


https://giasudaykem.com.vn/

Gia sw Tai Nang Viét https://giasudaykem.com.vn

/ 2 _ , 3 _
XXZIE3X o) im (2@ -5x+1)  3) lim 21 AL

1) lim 4) lim
X—>—a0 2X+7 X—>+00 x—>5* B—X x>0 %24 x
Bai 2.
3
: X 72 khi x=1 - ~ -
1) Cho ham 6 f(x) = f(x) =<7 I X# L Xac dinh m dé ham s6 lién tuc trén R..
2m+1 khi x=1

2) Chimg minh rang phwong trinh: (1— mz)x5 —3Xx—1=0 ludn c6 nghi¢m véi moi m.
Bai 3. )
1) Tim dao ham cua cac ham so:

a) y:Z_Zle b) y=+/1+2tanx.

2) Cho ham sé y = x* —x? +3 (C). Viét phuong trinh tiép tuyén cua (C):
a) Tai diém c6 tung do bang 3 .
b) Vudng géc véi d: x+2y—3=0.
Bai 4. Cho ttr dién OABC c6 OA, OB, OC, d6i mot vudng goc va OA = OB = OC = a, I 14 trung diém BC
1) Chirng minh rang: (OAI) L (ABC).
2) Ching minh rang: BC L (AOI).
3) Tinh goc giita AB va mit phang (AOI).
4) Tinh goc giita cac duong thang Al va OB .
II. Phén tw chon.
1. Theo chwong trinh chudn .

Bai5a. Tinh  lim(———+—2 4+ __+-1~1y.

n+1 n®+1 n%+1

Bai 6a. Cho y=sin2x—2cosx. Giai phuong trinh y/=0.
2. Theo chwong trinh ning cao .
Bai 5b. Cho y=+v2x—X? . Chimg minh ring: y>.y// +1=0.

Bai 6b . Cho f(x) = f(X):6—2—6—)?—3X+16. Giai phuong trinh f'(x)=0.
X

Bai 1:
1 1
\/271 2 K 1-=— = +3X [— 1—X—X2+3J
1) lim XX ZXToEX X — lim -1
X—>—00 2X+7 X—>—00 7 X—>—00 7
X| 2+— X| 2+—
X X
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2) lim (—2x3—5x+1)= lim x3(—2—i+ij=—oo

X—>+00 X—>+00 2 3

3) lim 21
x—=5" 5—X
|im(5—x)=o
X2 . 2x-11
Ta co: I|m(2x—11):—1<0 = lim — 40
X—5" x—5" B—X

X>5<5-x<0

\/x3+1—1 x3 NG

4) lim 5 =lim =lim =0
20 X%+ x X_>Ox(x+1)< x3+1+1) X_’O(x+1)< x3+1+1)

Bai 2:
3

1
1 = X%+ x+1 = f(X) lién tuc Vx=1.

1) e Khi x#1tacé f(x)=2>

e Khix =1, taco:

F(1) = 2m+1

||mf(X)_||m(X2+X+1)_3 :>f(X) lléntuctaIX:1C> f(l):||mf(X)<:>2m+1:3C>m:1
- - x—1

X—1 X—1

Vay: f(x) lién tuc trén R khi m = 1.
2) Xétham sé f(x) = (1—m?)x° —3x—1 = f(x) lién tuc trén R.
Taco: f(-1)=m?+1>0,vm f(0)=-1<0,vm= f(0).f(1)<0,vm
= Phuong trinh ¢6 it nhat mot nghiém ce (0;1), vm
Bai 3:
5 2 2 2
1)a) y= 2—2X+ X :>y':2X +2X+2 b) y:m:y,: 1+tan” x
x? -1 (x2 —1)2 V1+2tanx
2) (C): y=x*—x?+3 = y =4x°—2x
x=0
a) V6i y=3< x*-x?+3=3<|x=1
X=-1
e V5i x=0=k=y (0)=0=PTTT:y=3
o Vi x=-1=k=y (-)=—2=PTIT:y=-2(x+1)+3< y=-2x+1
e Véi x=1=k=y (1) =2=PTIT:y=2(x-1D+3< y=2x+1

. 1 . . .
b) d: x+2y—3=0 c6 hé¢ s6 goc k =5 = Tiép tuyén c6 hé s6 goc k=2.

Goi (X Y,) 12 toa do cua tiép diém. Ta co: Y (X)) =2 < 4x3-2%, =2 < X, =1 (¥, =3)
= PTTT: y=2(x-1)+3< y=2x+1.
Bai 4:
1) ¢OA 1 OB,OA1LOC=0AL1LBC(1)
e AOBC can tai O, I 14 trung diém ctia BC = Ol L BC
)
Tu (1) va (2) = BC L (OAI) = (ABC) L (OAlI)
8

A


https://giasudaykem.com.vn/

Gia sw Tai Nang Viét https://giasudaykem.com.vn

2) Tircau 1) = BC L (OAI)
3) «BC L (OAl) = (AB,(A0I))=BAl

_BC_aV2
22

e Bi

e AABC déu = Al

_8ci_alili_ale
2

2 2

A 43

 AABI vudng tgi 1 = CosBAI == ="~ = BAl =30° = (AB,(A01)) =30°

4) Goi K 12 trung diém ciia OC = IK // OB = (AI,0B) = (Al 1K ) = AIK

2
e AAOK vudng tai O = AK? = 0A? +OK? = 5%

2 2
e p2- 5 o IK2=2 « AATK vuéng tai K = cosAIK =~ - L.
4 4 A e
Bai 5a: |im[ 1 2 .. n_lJ:Iim 1 4243+ ..4(n-1)
n’+1 n’+1 n?+1 n+1
1
n-1)(1+(n-1 _ 1-—
R S G Gl ) O oA O
n?+1 2 2(n +1) 5,2 2
n
Bai 6a: y=sin2x—200SX =Y =200S2X+2sinx
x=" yk2z
snx=1 2”
PT y'=0<:>20052x+25inx=0<:>25in2x—sinx—1:0 = Snx = 1 | Xx=——+K2rx
2
X:7—7[+k271'
i 6
Bai 5b: y= 2x—x2:>y‘:l_—xz>y": -1 :>y3y"+1:0
2X— X2 (2x—x2)\/2x—x2
Bai 6b: f(x):%—@—3x+16 = f'(x):—&+@—3
x> X x* X2

4 2 x=0 X=14

4 2 _
PT f'(X)=OC>_g+@_3:0©{X —20x +64:0<:>{X—i2
X X
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